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If A and 4" are unitarily equivalent on
B{H ) then P{AY=P(4").
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Let Aand 4" be unitarily equivalent then
A=U"AU for 2 unitary operator U, Now if
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is posinormal, then A is posinormal [LO]. 15 A
then A — AfS
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it Follows that A& (A"} iff A=A is a
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Proof:

Let x & :"'i'-._*{-"i.:l_ From pat (i} of
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A'Ax = A (dx)= A" (Ae) =A%) =|4f x
On the pther hand,

AA'x =A(d"x)=A(Zx)=AlAx )= x

Therefore AA'x =A4"Ax forall x e N (1),
hence 4 |“"'""Ja {4) is normalo
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Recall that a thmily ol ¢loged subspaces of
H iz said 1o b wdal 20 case e orly woelor s in |
whict. i3 onthogonal e every subspace af H
belenging to the family is X — U [3, F.167].
Theoremn 1.5
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A s gl
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Let A, be the null .space  of
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A = Wd" e =4 Axy=4"Ax . Thus,
(447 A4 )x 0l shestie ¥ &0,
wed henze & AV ) Toeall 4
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Lemma 2.4
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Ry propesition (2.4), if A iz a ioally
posinormal operator, Unn A satisfied Lamma

(2.6%md henes CI'[A }—{)‘E__-I, {:4 ] = rrw_(fi }

For the nelasion relalicn,
o, (M)A =T, (4). Let Aco,id),
since 4 —Af s poshwoomul then we have

N -AVCN{A-A) = Ran({d - A1)
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Proposition 2.8

Tl A ho imally rosireend? Then hers
cxists arogona, redocing, suspaces M oand M ofor
Asuchmalf A BN, AVM 5 nomal on
Made (AN —a (4N

Before we zive te pooof, we nocc Lo
prove s follewing lenma,
Lomma 2.9

Ir A is potelly wosinormal and maps a
sibspace M inie Qsell) then o % Iotally
posinomml.
FPruol:

Simee A s otetally  prsingnnal, ke
A=Al i poeinommal fur wllA=Z 0 Lo
A - Al e the remiciclion ol 1 — A7 e M for

all A=l . Then far &, & M
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posinormal Fer all A [
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My =dx dx —J.x}. Lhen M ; s a reducing
subspm & for A Theorem 12, Let
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